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Hexameric motor proteinydrolysis to drive the central γ-shaft rotating inside a hexameric cylinder
composed of alternating α and β subunits. Experiments showed that the rotation of γ-shaft proceeds in
steps of 120° and each 120°-rotation is composed of an 80° substep and a 40° substep. Here, based on the
previously proposed models, an improved physical model for chemomechanical coupling of F1-ATPase is
presented, with which the two-substep rotation is well explained. One substep is driven by the power
stroke upon ATP binding, while the other one resulted from the passage of γ-shaft from previous to next
adjacent β subunits via free diffusion. Using the model, the dynamics and kinetics of F1-ATPase, such as the
rotating time of each substep, the dwell time at each pause and the rotation rate, are analytically studied.
The theoretical results obtained with only three adjustable parameters reproduce the available
experimental data well.
© 2009 Elsevier B.V. All rights reserved.1. Introduction
ATP synthase is a universal enzyme that uses the proton-motive
force across the mitochondrial membranes to make ATP from ADP
and Pi [1–3]. It consists of two portions Fo and F1 connected to a
common shaft — the γ-shaft. Under normal circumstances, the
transmembrane portion Fo drives the rotation of the γ-shaft to
release newly synthesized ATP from the globular catalytic moiety F1.
The F1 portion has three α and three β subunits arranged in
alternation around the γ-shaft. All of α and β subunits can bind
nucleotide, but only the three β subunits are catalytic active.
When the F1 portion is not coupled to the Fo portion, it canwork in
the opposite direction hydrolyzing ATP and driving the rotation of the
γ-shaft, as a molecular motor called F1-ATPase. Rotation of the γ-shaft
in F1-ATPase has been demonstrated experimentally by various
methods [4,5]. In particular, by attaching a ﬂuorescent actin ﬁlament
to the γ-shaft, the rotationwith discrete 120° steps has been observed
directly [6,7]. Later experiments reduced the frictional drag on the
rotation by using a colloidal bead attached to the γ-shaft [8]. The
experiments revealed that each 120° rotation is resolved into a 90°
substep and a 30° substep. The 90° and 30° substeps were recently
revised to be 80° and 40° substeps, respectively [9,10]. The pause at
θ=0° is dependent on ATP concentration while the pause at θ=80°
is ATP-concentration independent.
From theoretical point of view, several insightful models and
various mathematical approaches have been proposed for the
chemomechanics of F1-ATPase motor [11–18]. The model of Wang
and Oster [11] provides a physical answer to the rotational dynamics
of F1-ATPase — the hinge-bending motion of β subunit induced byll rights reserved.ATP binding drives the eccentric γ-shaft rotating 120° during an
ATPase cycle. With this model, numerical studies of kinetics and
dynamics of F1-ATPase based on a set of complicated coupled Fokker–
Planck equations have been presented [11]. Recently, Gaspard and
Gerritsma [12] have also given the numerical studies based on a set of
simpliﬁed coupled Fokker–Planck equations. The experimentally
observed two substeps in a 120° rotation have been explained
physically as follows [13]. The pause at θ=0° is due to waiting for ATP
binding to subunit 1 (deﬁned in Fig. 5d of Sun et al. [13]). Some of the
free energy induced by the ATP binding in site 1 drives the rotation of
ﬁrst substep. The pause at θ=80° is due to the hindering of subunit 3
bound with ADP. After the ADP in subunit 3 is released, the remaining
free energy induced by the ATP binding in site 1 completes the second
substep. On the other hand, various other models focused on the
kinetics and/or dynamics of F1-ATPase have been presented by other
researchers [14–18]. With these models, simple and analytical
formulae have been derived, thus giving more explicit descriptions
of the rotational behaviors.
In this work, on the basis of the previous models [11–13,16], an
improved model is presented for the chemomechanical coupling of
the F1-ATPase molecular motor. The present model gives naturally
that each 120° rotation of the γ-shaft is composed of two substeps.
The ﬁrst substep of 80° rotation is driven by hinge-bending motion of
β subunit; while the second substep of 40° rotation is due to the
passage of the γ-shaft from previous to next adjacent β subunits.With
the model, the rotation rates of the motor under different values of
viscous friction and ATP concentration are analytically studied, giving
the results similar to those obtained from previous models [11–13,16].
Moreover, the mean rotating time of each substep and the dwell-time
distribution at each pause are analytically studied. All the theoretical
results reproduce the available experimental data well.
Fig. 2. Rotating time Tr1 from 0 to 80° and rotating time Tr2 from 80° to 120°. (a) Tr1 and
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Before the presentation of the model for chemomechanical
coupling of F1-ATPase molecular motor, three preliminary hypotheses
are presented as follows.
(1) The strength of γ-shaft interacting with a β subunit depends on
the nucleotide state of the β subunit. In nucleotide free, ATP and
ADP.Pi states the β subunit has a strong interaction with γ-
shaft; while in the ADP state the β subunit has a weak
interaction with γ-shaft. This assumption can be understood as
follows. The nucleotide transition induces the conformational
change on the interaction region of the β subunit with γ-shaft.
This induces the change of negative charge distributions on the
interaction region of the β subunit, thus resulting in the change
of the electrostatic interaction between the β subunit and γ-
shaft [19]. The assumption is also based on the analogy to other
ring-shaped hexameric nucleic-acid motor proteins that have
similar structures to the F1-ATPase. For example, the hexameric
nucleic-acid motor proteins such as bacteriophage T7 DNA
helicase [20], RuvB [21] and ϕ29 DNA packaging motor [22]
have been shown experimentally to have nucleotide-depen-
dent afﬁnities for DNA. In fact, it seems a universal property
that a molecular motor capable of converting chemical energy
of ATP hydrolysis into mechanical energy shows nucleotide-
dependent afﬁnities for its track (e.g., kinesin for microtubule;
myosin for actin; T7 DNA helicase, RuvB and ϕ29 DNA
packaging motor for DNA; β subunits for γ-shaft in F1-ATPase).
(2) The strong interaction of γ-shaft interacting with a β subunit
stimulates signiﬁcantly the ATP-binding rate, ATP-hydrolysis
rate and Pi-release rate of the β subunit. This assumption is
similar to that adopted by Oster et al. [11,13] and is supported by
the following experimental evidences. Mutation studies of
amino acid residues along the γ-shaft have identiﬁed severalFig. 1. Schematic illustrations of chemomechanics by F1-ATPase. The γ-shaft is drawn in
blue, the α subunit in grey, the open β subunit in red, the upper potion of closed β
subunit in green and the lower portion of closed β subunit in red. (a) β subunit 1 in
nucleotide free state binds the γ-shaft. β subunit 2 is bound with ADP and β subunit 3 is
bound with ADP. (b) Upon ATP binding, the bending motion of β subunit 1 pushes the
eccentric γ-shaft rotating by 80°. ADP is released from β subunit 2. (c) After ATP
hydrolyzes to ADP.Pi and then Pi is released, β subunit 1 in ADP state becomes weakly
interacting with the γ-shaft. (d) Since now β subunit 1 in ADP state has a weak
interaction with the γ-shaft while nucleotide free β subunit 2 has a strong interaction
with the γ-shaft, the γ-shaft is detached from subunit 1 and binds subunit 2 via a 40°
rotation.
Tr2 as a function of the length of actin ﬁlament in the case of fLoad=0. (b) Tr1 and Tr2 as a
function of fLoad without actin ﬁlament attached to the γ-shaft.critical positions [23,24]. Substitution of these critical amino
acids results in a dramatic reduction in the overall hydrolysis
rate. Examining the sequence of interpolated structures reveals
that these critical residues make contact with two regions on
the β subunit. The ﬁrst region is the helix–turn–helix (HTH)
domain at the C-terminal end of the β subunit; this is the place
where the β subunit interacts with the γ-shaft. Clearly,
disturbing this region affects the power-stroke motion. The
second region is another HTH domain directly behind the ATP-
binding pocket. Both of these HTH domains lie within loops
emanating from the same β-sheet whose loops grasp the
nucleotide [13]. Thus, chemical transitions in the binding
pocket are directly coupled to the interaction with the γ-shaft.
(3) As shown structurally [25], ATP binding induces the β subunit
to bend from open to close conformations; while the release of
ADP induces the β subunit to return from close to open
conformations. Furthermore, it is shown from the structure
[25] that the bending motion of the β subunit driven by ATP
binding pushes against the eccentric γ-shaft rotated by about
80° in the counterclockwise direction (see from the top). Since
this bending motion drives the rotation of γ-shaft, it is also
called power-stroke motion.
Based on above hypotheses, we propose the model, which is
schematically illustrated in Fig. 1. We begin with β subunit 1 in
nucleotide free state binding the γ-shaft. Now β subunit 2 is either
bound with ADP or nucleotide free and β subunit 3 is bound with ADP
(Fig. 1a) (see discussion on sequential ATPase activities in Section 6.1).
Stimulated by the interaction with the γ-shaft, β subunit 1 binds ATP
with a high rate. Upon ATP binding, the bending motion of β subunit 1
957P. Xie / Biochimica et Biophysica Acta 1787 (2009) 955–962pushes the eccentric γ-shaft rotating by 80° (Fig. 1b). Then ATP
hydrolyzes to ADP.Pi. After Pi is released, β subunit 1 in ADP state
becomes weakly interacting with the γ-shaft (Fig. 1c). Note that,
during the period of ATP binding, ATP hydrolysis and Pi release in
subunit 1, ADP has been released from subunit 2 if 2(k2−1+k3−1)Nk4−1,
where k2 and k3 are the ATP-hydrolysis rate and Pi-release rate,
respectively, of the β subunit that binds the γ-shaft and k4 is the ADP-
release rate. Since now β subunit 1 in ADP state has aweak interaction
with the γ-shaft while nucleotide free β subunit 2 has a strong
interactionwith theγ-shaft, theγ-shaft is detached from subunit 1 and
binds subunit 2 via a 40° rotation (Fig. 1d). Fig. 1d is the same as Fig. 1a
except that the γ-shaft is rotated by 120° and the F1-ATPase hydrolyzes
an ATP. Then the next mechanical step coupled with hydrolysis of
another ATP proceeds.
In this model, there exist two substeps in a rotation of 120°, with
the ﬁrst substep from 0 to 80° and the second substep from 80° to
120°. The ﬁrst substep immediately follows the ATP binding. During
this ﬁrst substep, an intrinsic driving torque is present, which resulted
from the bending motion of the β subunit (or the power-stroke
motion) driven by ATP binding, and the rotation is mainly driven by
the driving torque. The second substep immediately follows (or is
related to) the release of Pi, which is consistent with the recent
experimental results of Adachi et al. [26]. As structure shows, the β
subunit in ATP, ADP.Pi and ADP states has the same close conformation
[25], implying that no power stroke occurs related to Pi release. Thus,Fig. 3. Dwell-time distributions. (a) Dwell-time distributions calculated by using Eq. (9) at d
calculated by using f(t)=k1 exp (−k1t), with k1=kb[ATP] (open circles in b). Red dashe
constant×[exp (−ka1t)−exp(−ka2t)], with ka1 and ka2 shown (ﬁlled black and red circles in
[exp(−k2t)−exp(−k3t)], with k2 and k3 shown (ﬁlled black and red circles in b). (b) ATP de
or k2k3/(k2+k3).during the second substep, no intrinsic driving torque is present and
the rotation resulted from the free diffusion due to the thermal noise.
Note that the occupancy state in Fig. 1b (with subunit 1 bound with
ATP, subunit 2 with no nucleotide and subunit 3 bound with ADP)
corresponds to F1-ATPase structure originally observed by Abrahams
et al. [25]. This represents the catalytic dwell state before the second
substep, which is consistent with the experimental results [27]. Note
also that the β subunit 1 to which an ATP binds is not the one
(β subunit 2) fromwhich ADP is released (see Figs. 1a and b), which is
consistent with the recent experimental results of Adachi et al. [26].
3. Rotating times
Similar to that presented in previous works [11–13,16], the rotation
of γ-shaft can be quantitatively described by the following Langevin
equation
f
dθ
dt
= fDrive−fLoad + fB tð Þ; ð1Þ
where θ is the rotational angle of the γ-shaft; ζ is the drag coefﬁcient
against the rotation; fDrive is the intrinsic driving torque that resulted
from the bending motion of the β subunit driven by ATP binding
during the ﬁrst substep, while fDrive=0 during the second substep;
fLoad is the torque resulted from an external force (e.g., a magnetic
trap); and fB(t) is the Brownian torque due to the thermal noise. It isifferent ATP concentrations (black solid lines). Red dashed lines at 0.02 and 0.2 μM are
d lines at 2, 6, 20, 60 and 200 μM are two-exponential ﬁts to the black solid lines,
b). Red dashed lines at 2000 and 6000μM are calculated by using f(t)=k2k3/(k2−k3)
pendence of the rate constants. Blue circles show the total rates k1 or ka1ka2/(ka1+ka2)
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coefﬁcient ζ, is composed of both the friction against the rotation
without external load acting on the γ-shaft and the friction due to the
external load (e.g., due to an actin ﬁlament or a bead attached to the γ-
shaft). The external torque fLoad represents only the torque that
resulted from the external force; whereas the drag friction induced by
the external load is not contained in fLoad but is contained in ζ.
The magnitude of fDrive can be obtained from the free energy
computed from the uni-site kinetics [28,29]. Of the total free-energy
drop of about 24kBT for the hydrolysis of an ATP molecule, there are
two free-energy drops: 14kBT upon ATP binding and 10kBT upon
product release. The ﬁrst drop is attributed to the bending motion of
the β subunit from open to close conformations driven by ATP
binding, while the second drop to the returned unbending motion of
the β subunit to its open conformation. Since only the ATP binding
induces the power stroke via the bending motion of the β subunit to
its close conformations, the driving torque should be calculated using
the ﬁrst free-energy drop. Moreover, bending of the β subunit is
driven by the progressive annealing of hydrogen bonds between ATP
and the catalytic site, which generates a nearly constant bending
torque on the β subunit [11,13]. Thus, the driving torque can be
calculated by fDrive=14kBT×9/(4π). The drag coefﬁcient is calculated
by ζ=ζ0+ζExt, where ζ0=10−4 pN nm s is the drag coefﬁcient
against the rotation without external load acting on the γ-shaft and
ζExt is the drag coefﬁcient due to the external load. In the case of
F1-ATPase driving an actin ﬁlament, fExt = 4π3 ηL
3= ln L=2rð Þ−0:447½ 
[30,31], where η=0.01 g cm−1 s−1 is the viscosity of the aqueous
medium, L is the length of actin ﬁlament and r=5 nm is the radius of
the ﬁlament. In the case of ﬂuorescent beads, ζExt=10.5πηRB3 [13],
where RB is the radius of the bead. The Brownian torque in Eq. (1)
satisﬁes 〈fB(t)〉=0 and 〈fB(t)fB(t′)〉=2kBTζδ(t− t′).
From Eq. (1) the mean ﬁrst-passage time for the γ-shaft to rotate
an angle of Θ is obtained as follows [32]
Tr =
1
A
D
A
exp − A
D
Θ
 
−1
 
+Θ
 
; ð2Þ
where A≡(fDrive− fLoad)/ζ and D≡kBT/ζ. In the case of external torque
fLoad=0, from Eq. (2), the mean rotating time of the ﬁrst substep is
Tr1 =
f
fDrive
kBT
fDrive
exp − fDrive
kBT
 4π
9
 
−1
 
+
4π
9
 
; ð3Þ
and the mean rotating time of the second substep is
Tr2 =
2π
9
 2
f= 2kBTð Þ: ð4Þ
Using Eqs. (3) and (4) the calculated results of Tr1 and Tr2 as a
function of the length of actin ﬁlament attached to the γ-shaft are
shown in Fig. 2a. Although the ﬁrst substep has a step size of 2 folds of
that of the second substep, the rotating time of the ﬁrst substep is
shorter than that of the second substep. This is because the rotation in
the ﬁrst substep is driven by the bending motion of the β subunit
while the rotation in the second substep is due to the free diffusion. As
actin length increases, both rotating times Tr1 and Tr2 increase
signiﬁcantly. As we will see below (Fig. 4), these signiﬁcant increases
of Tr1 and Tr2 with actin length reduce the rotation rate.
Using Eq. (2) the calculated results of Tr1 and Tr2 as a function
of fLoad without actin ﬁlament attached to the γ-shaft are shown in
Fig. 2b. It is seen that, for an external torque fLoad≤40 pN nm, the total
rotating time Tr1+Tr2b0.25 ms, which is much shorter than the dwell
time even at saturating ATP concentration (2.3 ms) (see below). For
fLoadb72.5 pN nm, the rotating time of the ﬁrst substep is shorter than
that of the second substep; while for fLoadN72.5 pN nm the rotating
time of the ﬁrst substep becomes longer than that of the secondsubstep. By comparing Fig. 2a with Fig. 2b, it is noted that an external
torque of as large as 91 pN nm results in about a same reduction of
rotating time as that of an actin with length of 4 μm.
4. Dwell times
First, we study the 0° dwell time. The 0° dwell period corresponds
to the scheme, EmptyYk1 ATP, where k1=kb[ATP] is approximately
the ATP-binding rate of the β subunit that binds the γ-shaft, because
the ATP-binding rate of the β subunit without interaction with the γ-
shaft is negligibly small. From this scheme, we can easily obtain that
the mean 0° dwell time is
Td1 =
1
kb ATP½ 
: ð5Þ
This implies that themean 0°dwell time is inverse proportional to ATP
concentration.
Second, we study the 80°dwell time. Here it is considered that
2(k2−1+k3−1)Nk4−1. Thus, the 80°dwell period corresponds to the
scheme, ATPYk2 ADP:PiYk3 ADP. From this scheme, the mean
80°dwell time is obtained as follows
Td2 =
k2 + k3
k2k3
: ð6Þ
This implies that the mean 80°dwell time is independent of ATP
concentration.
Third, we study the dwell time between two main steps, as
measured in Yasuda et al. [8]. This period corresponds approximately
to the following scheme for the β subunit that binds the γ-shaft:
EmptyY
k1
ATPY
k2
ADP:PiY
k3
ADP: ð7Þ
In the following, we denote the probabilities for ﬁnding the β subunit
in Empty (nucleotide free), ATP, ADP.Pi and ADP states by ϕ, T, DP, and
D respectively. From Eq. (7), the probabilities are described by the
following differential equations
d/
dt
=−k1/; ð8aÞ
dT
dt
= k1/−k2T; ð8bÞ
d DPð Þ
dt
= k2T−k3 DPð Þ; ð8cÞ
dD
dt
= k3 DPð Þ: ð8dÞ
By solving Eqs. (8a)–(8d), with the initial conditions at t=0:ϕ(0)=
1, T(0)=0, DP(0)=0 and D(0)=0, we obtain the probability density
for the dwell time between two main steps, f(t)=dD/dt, as follows
f tð Þ=k1k2k3 e
−k1t
k1−k2ð Þ k1−k3ð Þ+
e−k2t
k2−k1ð Þ k2−k3ð Þ+
e−k3t
k3−k1ð Þ k3−k2ð Þ
 
;
ð9Þ
From Eq. (9), the mean dwell time between two main steps is Td=
1/k1+1/k2+1/k3, which is rewritten as
Td =
Km + ATP½ 
Kc ATP½  ; ð10Þ
where kc=k2k3/(k2+k3) and Km=kc/kb.
Fig. 5. Rotation rate V versus ATP concentration for a 40-nm bead and for a 1-μm actin
ﬁlament.
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different ATP concentrations are shown by black solid lines in
Fig. 3a, where the three experimentally unavailable parameters are
taken as kb=3×107 M− 1s−1 [8], k2=1.64 s−1 and k3=0.71 s−1
(noting that, by taking k2=0.71 s− 1 and k3=1.64 s− 1, we have the
same results). At low ATP concentrations, i.e., [ATP]≪ Km or k1=kb
[ATP]≪k2,k3 (0.02 and 0.2 μM), Eq. (9) becomes f(t)=k1exp(−k1t),
implying a single-exponential distribution, with the rate k1=kb[ATP]
proportional to [ATP] (Fig. 3b; open circles). At intermediate ATP
concentrations between 2 and 200 μM, the dwell-time distributions
can be approximately ﬁtted by two-exponential functions. At high
ATP concentrations, i.e., [ATP]≫Km or k1=kb[ATP]≫k2, k3 (2000
and 6000 μM), Eq. (9) becomes f(t)=k2k3/(k2−k3)[exp(−k2t)−
exp(−k3t)], implying a two-exponential distribution, with the mean
dwell time Td=Td2=1/k2+1/k3 independent of ATP concentration.
All these results are consistent with the experimental data [8].
5. Rotation rate
From Eqs. (2)–(6), the mean rotation rate of F1-ATPase is given as
V =
1
3 Tr1 + Tr2 + Td1 + Td2ð Þ
; ð11aÞ
or, from Eqs.(2)–(4) and(10), it is given as
V =
1
3 Tr1 + Tr2 + Tdð Þ
; ð11bÞ
where V is in units of revolution per second (r.p.s.) if the rotating
times and dwell times are in units of second.
Using Eqs. (11a)–(11b) we calculate the rotation rate under
different conditions. The results of rotation rate versus actin length
for various ATP concentrations are shown in Fig. 4. It is seen that the
theoretical results are consistent with the experimental data [7]. The
decrease of the rotation rate with the increase of actin length is due
to decrease of the rotating times Tr1 and Tr2 (see Fig. 2a), because
the dwell times Td1 and Td2 are independent of the drag friction that
is dependent on the actin length. Fig. 5 shows the rotation rate as a
function of ATP concentration for a 40-nm bead (corresponding to a
small drag friction) and for a 1-μm actin ﬁlament (corresponding to
large drag friction). For both drag frictions, the dependence of
rotation rate on [ATP] ﬁts with Michaelis–Menten kinetics. These
results (Fig. 5) are in agreement with the experimental data [8]. In
Fig. 6, we show the rotation rate versus drag coefﬁcient for different
ATP concentrations. The results are also consistent with the
experimental data [8]. From Eqs. (11a)–(11b), it is noted that, at
high drag friction, the rotation is limited by the rotating times Tr1Fig. 4. Rotation rate V versus actin length for various ATP concentrations.and Tr2; while at low drag friction, the rotation is limited by the
dwell times Td1 and Td2. The good agreement between all these
theoretical results (Figs. 4–6) and experimental data [8] supports the
present model.
6. Discussion
In the present model, during one ATPase cycle the power stroke
results in the eccentric γ-shaft rotated by about 80°and the power
stroke occurs upon ATP binding, which gives a free-energy drop of
about 14kBT. This rotation angle of 80°is determined from Walker's
structure [25] and the free-energy drop of about 14kBT delivered by
ATP binding is from the kinetic experiments [28,29]. In the kinetic
experiments, there are two free-energy drops, with ΔG=14kBT upon
ATP binding and 10kBT upon product release. The ﬁrst drop of 14kBT is
attributed to the power stroke driven by ATP binding; while the
second drop of 10kBT is attributed to the resumption of the power
stroke driven by ADP release. Since the resumption of the power
stroke has no contribution to driving the γ-shaft rotation, only 14kBT
of the total 24kBT ATP-hydrolysis free energy is delivered directly to
turn the γ-shaft.
6.1. The sequential ATPase activities generally follow “bi-site” activation
mechanism
In the present model, for the γ-shaft-stimulated ATPase activity, it
is assumed that the γ-shaft only stimulates signiﬁcantly the ATP-
binding rate, ATP-hydrolysis rate and Pi-release rate of the β subunit
to which it is binding strongly. This is a simpler assumption than thatFig. 6. Rotation rate V versus drag coefﬁcient for different ATP concentrations.
Fig. 7. Schematic illustrations of sequential ATPase activities around the ring (see text for detailed descriptions). The symbols are the same as in Fig. 1.
Fig. 8. Schematic illustrations of “uni-site” activation mechanism at very low ATP
concentration (see text for detailed descriptions). The symbols are the same as in Fig. 1.
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effects on the ATPase activity of the β subunit to which it is binding
strongly but also has signiﬁcant effects on ATPase activities of other
two β subunits [11,13]. Nevertheless, with this simpler kinetic
assumption, the present model gives a good explanation to the two-
substep rotation and also provides quantitative reproduction of the
availably experimental data on the rotating dynamics (Figs. 3–6).
Moreover, this simpler kinetic assumption, together with the
asymmetric effect of the power stroke on the γ-shaft, leads
automatically to the sequential ATP activities around the ring, as it is
generally believed. This is schematically illustrated in Fig. 7. Consider
that the three subunits are initially nucleotide free and the γ-shaft
binds strongly subunit 1 (Fig. 7a). Stimulated by the strong interaction
of the γ-shaft, an ATP binds to subunit 1, inducing the γ-shaft rotated
by 80° in the counterclockwise direction (Fig. 7b). After ATP hydrolysis
and then Pi release, subunit 1 in ADP state becomes bound weakly to
the γ-shaft (Fig. 7c). Since now the γ-shaft is nearer to subunit 2 (40°)
than to subunit 3 (200°), it most probably binds subunit 2, which
stimulates ATP binding to it (Fig. 7d). Note that, without the
stimulation of the γ-shaft, subunit 3 has a very low ATP-binding
rate. Now, subunit 2 is in ATP state, subunit 3 is nucleotide free and
subunit 1 is in ADP state (Fig. 7d). After ATP hydrolysis and Pi release
of subunit 2, the γ-shaft binds subunit 3, which stimulates an ATP
bound to it (Fig. 7e). During this period (from Fig. 7c to e), the ADP is
most probable to release from subunit 1. Thus, subunit 3 is now bound
with ATP, subunit 1 is nucleotide free and subunit 2 is boundwith ADP
(Fig. 7e). Similarly, after ATP hydrolysis and Pi release of subunit 3,
subunit 3 will become ADP state, subunit 1 will become ATP state and
subunit 2 will become nucleotide free (Fig. 7f). Then, the states of
three subunits will change to those shown in Fig. 7d. Thus, ATPase
activities take place sequentially in the counterclockwise direction
(Fig. 7d→Fig. 7e→Fig. 7f→Fig. 7d).
From above, we thus see that the sequential ATPase activities
generally follow “bi-site” activation mechanism, as proposed by Boyer[33]. However, at very low and very high ATP concentrations, the
sequential ATPase activities may not follow this “bi-site” activation
mechanism. First, consider the case of very low ATP concentration. An
ATP binds to subunit 1 that is binding strongly the γ-shaft (Fig. 8a).
After ATP hydrolysis and then Pi release, the γ-shaft is transferred to
subunit 2. Now subunit 1 is in ADP state, subunit 2 and subunit 3 are
nucleotide free (Fig. 8b). Since it takes a long time for an ATP to bind to
subunit 2 due to very low ATP concentration, ADP is most probable to
release from subunit 1 and thus all three subunits become nucleotide
free (Fig. 8c). Then an ATP binds to subunit 2 that is binding strongly
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system is rotated by 120°. Thus, at very low ATP concentration, the
sequential ATPase activities may not follow “bi-site” activation
mechanism. Second, consider the case of very high ATP concentration.
Because of very high ATP-binding rate, after ATP at one subunit is
hydrolyzed and then Pi is released, it is possible that the ADP in the
next adjacent subunit has not been released. Thus, all three subunits
are bound with nucleotide. Therefore, at very high ATP concentration,
the sequential ATPase activities may occasionally follow “tri-site”
activation mechanism although the main mechanism is still “bi-site”
activation.
6.2. Comparison with previous models
In the present model, a 120° rotation consists of two substeps, with
the ﬁrst one of 80° rotation and the second one of 40° rotation. Similar
to that proposed in the previous models [11–13,16], the ﬁrst substep is
mainly driven by the driving torque from the ATP-binding-induced
power stroke. The second substep (i.e., the passage of the γ-shaft from
previous β subunit to next β subunit), which follows the release of Pi,
resulted from the free diffusion. This is different from that proposed in
the previous models, where the second substep follows the release of
ADP and is also driven by the power stroke induced by the ATPase
activity. Nevertheless, the results for the mean rotation rates under
different values of viscous friction and ATP concentration obtained
from the present model (Figs. 4–6) are consistent with those obtained
from previous models [11–13,16]. However, some results for the
substep and the dwell-time distribution obtained from the present
model are different from those inferred from the previous model [13],
which is discussed as follows.
In the previousmodel, it is assumed that the bendingmotion of the
β subunit driven by ATP binding can push against the eccentric γ-shaft
rotated by 120°. The pause at θ=0° is due to the waiting for ATP
binding to subunit 1 (see Fig. 5d in Sun et al. [13]), as in the present
model. Some of the free energy induced by the ATP binding in site 1
drives the rotation of the ﬁrst substep. The pause at θ=80° is due to
the hindering of subunit 3 bound with ADP. After the ADP in subunit 3
is released, the remaining free energy induced by the ATP binding in
site 1 completes the second substep. This is inconsistent with the
recent experimental results showed that the second substep follows
the release of Pi rather than the release of ADP [26]. Moreover, based
on above argument, it can be inferred that, when ATP concentration is
very low, ADP bound at site 3 would be released before ATP binding to
site 1. This implies that the pause at θ=80° would not occur and only
pause at θ=0° for waiting ATP could occur. Moreover, at high ATP
concentration, the pause at θ=0° for waiting ATP will not occur and
only the pause at θ=80° for ADP release will occur. Thus, neither at
high nor at very low ATP concentration could the substep be observed.
Only at intermediate ATP concentration could the substep be observed
and the dwell time at θ=80° would be dependent on the ATP
concentration. These are inconsistent with the experimental results
[8]. In order to avoid the inconsistency between theoretical and
experimental results, it was assumed that the ADP-release rate from
one site (e.g., site 3) is reduced by 5×108 folds when its two adjacent
sites (e.g., sites 1 and 2) are nucleotide free [13]. This is a too large
reduction! In addition, since the dwell time of pause at θ=80° is only
determined by the rate of ADP release, it is expected that the dwell-
time distribution at high ATP concentration should be ﬁtted with a
single exponential. However, the experimental results showed that
the distribution is well ﬁtted with two exponentials, implying that
two reactions dictate the pause at θ=80° [8]. Thus, the theoretical
results inferred from the previous model [13] are not consistent with
the experimental data.
On the contrary, the dwell time of pause at θ=80° in the present
model is determined by both the rate of ATP hydrolysis and that of Pi
release, which is independent of ATP concentration. The secondsubstep follows the release of Pi. Moreover, the dwell-time distribu-
tion has a two-exponential form at high ATP concentration (see Fig. 3).
All these are consistent with the experimental results [8,26].
6.3. Comparison with models of hexameric nucleic-acid motor proteins
It is noted that the chemomechanical coupling mechanism of F1-
ATPase presented here is very similar to those proposed for other
hexameric nucleic-acid motor proteins such as bacteriophage T7
helicase [34], RuvB [35] and ϕ29 DNA packaging motor (J. Qian et al.
unpublished). In the models of those hexameric nucleic-acid motor
proteins, the translocation of DNA during one ATPase cycle also
consists of two substeps. One substep is driven by power stroke that
resulted from the ATP-hydrolysis-induced rotation of the DNA-
binding loop. The other substep is the passage of DNA from previous
to next adjacent subunits. The high chemomechanical coupling
efﬁciency of those motor proteins is also attained by sequential
ATPase activities around the ring induced by the strong interaction of
hexameric subunits with DNA.
7. Conclusion
In summary, a physical model for chemomechanical coupling of
F1-ATPase is presented, in which the rotation of γ-shaft during one
ATPase cycle consists of two substeps, with one substep of 80° rotation
being induced by the power stroke while the other one of 40° rotation
being produced from the passage of γ-shaft from previous to next
adjacent β subunits. This chemomechanical couplingmay be a general
mechanism for ring-shaped hexameric motor proteins. Using the
model, we analytically studied the dynamics and kinetics of F1-ATPase.
The theoretical results obtainedwith only three adjustable parameters
(kb, k2 and k3) reproduce the available experimental data well.
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